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Theorem 1 ([2, Theorem 31]) There exists a quasi-metric
(asymmetric distance function) ρ on the set [n] such that
the associated Kantorovich-Rubinstein polytope (introduced in
[3]),

KR(ρ) = Conv

{
ei − ej
ρ(i, j)

| 1 6 i 6= j 6 n

}
is affinely isomorphic to the dual W ◦

n of the cyclohedron Wn.

A close relative of Theorem 1 is the following theorem. .

Theorem 2 There exists a triangulation of the boundary of
the (n − 1)-dimensional type A root polytope Rootn parame-
terized by proper faces of the (n−1)-dimensional cyclohedron.
More explictly there exists a map φn : ∂(W ◦

n )→ ∂(Rootn), in-
ducing a piecewise linear homeomorphism of boundary spheres
of polytopes W ◦

n and Rootn. The map φn sends bijectively ver-
tices of ∂(W ◦

n ) to vertices of the polytope Rootn, while higher
dimensional faces of Rootn are triangulated by images of sim-
plices from ∂(W ◦

n ).

In the lecture we will explore topological and combinatorial
consequences of these results, for example the map described
in Theorem 2 defines a ‘canonical’ quasi-toric manifold over a
cyclohedron Wn.
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