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AHHOTAIINA

B pabore paccmorpena cBsiznasi 3ajada buo. Cozpan ajaroputu ee pere-
HUsI Ha OCHOBE METOJ/a OMNOPHBIX OepaTropoB. B KadecTBe TECTOB HMCIOJIB30-
BaHbl U3BECTHBIE PEIIeHKs] 3a1a9K YIIPYTOCTH JIJIS TPEIUH B HEOIDAHUIEHHO
cpejie. PeanuzoBan ajropuTMm pelleHus 3ajad yIPYroCTH W HOPOYIPYTOCTH,
MOJIYYEHO XOPOITee COOTBETCTBHE UNCIEHHOTO M aCUMIITOTHIECKOTO PEITeHNsI.
B ciyuae crammoHapHOR 3a/ia9u MOJYYEHO ACHMIITOTUYIECKOE peleHne BOJII-
31 KOHIIOB TPENIMHBI B MOPOYIPYroil mocraHoBke. UHMCIEHHO pellleHa 3ajada
B3aMMOJICHICTBIST TPEINH, MOJYYeHbl BO3MOXKHBIE 30HBI pa3pyIIieHuii mpn B3a-
MMOJIeiCTBIAM, OCHOBaHHBIe Ha Kpurtepun Kysnona-Mopa.

Crp. 22, puc. 15 , 6uba. 16.

T.T. Garipov
Modelling of cracks evolution in poroelastic medium.

ABSTRACT

In this article the set of processes in the saturated porous media is considered
according to the quasi-stationary Biot model. For solving this problem the
support operator method is used. The algorithm of solving the problems of
elasticity and poroelasticity is realized. Good conformity of numerical and
asymptotic decisions is received. In case of a stationary problem, asimptotical
solving near the ends of a crack, has been received. The Kylon-More criterion
was used for modeling the crack interaction. The problem of the cracks interaction
is solved numerically, possible zones of destructions duriang interaction process
are calculated.
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B nacrosiiee Bpemst 00ILMIHCTBO HeTera3oBhIX MecTopoXKaennit Poccnn ma-
XOJISITCST Ha CTaJINK 3aBepiiaolieil pazpaborku. Takue MecTopoXKaeHus Xapak-
TEPUIYIOTCs OOIIUM KUCTOIIEHUEM U 00JIbIIOH 00BOJIHEHHOCTHIO HeTe100bIBAIO-
IMUX CKBaXXuH. HoBbIe MecTOpOK IeHNs, BOBJIEKAEMbIE B pa3pabOTKY, COJIepKaT
TPYJHOU3BJIEKAEMbIe 3alachl YIJIEBOJOPOJORB, KOJJIECKTOPHI XapaKTepu3yrTcs
HUBKOH MPOHUIIAEMOCTHIO U ¢J1abbIM JIpeHUPOBaHUEM. B Teuenue JInTeibHOrO
CPOKa AKCIIYATAIMNA CKBAXKWH, TapaMeTphl TpU3a00iHON 30HBI 3HAUUTEIHHO
YXYIMATCs. DTO CBSI3aHHO W3MEHEeHWeM MPOHUIIAEMOCTH, BHIMAJEHNEM Mapa-
bnnoB 1 acdaabTEHOB 1 BHAUYNTENIHHON 0OBOIHEHHOCTHIO CKBAXKNH. DD DEeKTHB-
HOCTb PAOOTHI TAKUX CKBAXKUH 32 BPEMsI IKCILIyaTaIlUd 3HAUYUTEIbHO YMEHbIIIA-
ercs. OJIHUM U3 OCHOBHBIX METOJOB MHTEHCU(PUKAIUN PA3PAOOTKH CJIOXKHBIX U
TpoOJIEMHBIX HEPTEra30BbIX MECTOPOXKIEHNI SIBISIETCS THIPABINYECKUH pas-
poiB miacra (IPIT). B nacrosiiiee BpeMst 0KOJI0 TpeTH 3amacoB yriaeBoj0poJIoB
MOYKHO U3BJICUb TOJIKO C MCIIOJIL30BAHUEM 3TOH TexHojoruu [1].
Bosnaukatommne B mporecce I'PIT BricokompornaeMbie TPEInHBI TTO3BOJISIOT
YBEJUIUTEH JIe0eT CKBayKWH B HECKOJIHKO pa3. OMbIT UCIOIL30BAHUS TEXHOJIO-
run ['PII nacaurbiBaer Gojiee nsATUIECSTH JIET, OJHAKO, [IPEJICKA3aAHUE IBOJIIO-
UM TPENINHBI THIPOPA3PhIBA B CJIOXKHBIX MeOJIOTHICCKAX CTPYKTYPaX OCTACTCS



BaXKHOM U aKTyaJIbHOU 11POOJIEMOTA.

IIpu paccMoTpeHnr Takoro KJiacca 3ajad, dacToO HCIOJb3YeTCs KJacCude-
CKUIl T10JIX0]] BOSHUKHOBEHWs TPEIINUH B TJIACTUIHO-YITPYTOM MaTepuaJie, Ncce-
JIYIOTCSl KJIACCHIECKHe YPABHEHUsI TEOPUK YIPYTOCTH U IJIACTUIHOCTH. BoJib-
10/l BKJIaJT B U3YUEHNE TOBEICHNS TpeluH BHecan Mexauuku A. I'puddurc u
JI.Wpsun. B 1920 rogy A. I'puddnre npeaaokua sHepreTnaeckii Kpurepuit
paspytienusi MarepuaJsos [3], nozanee B 1957 rojy [.Mpsunom Obui npejioxken
CUJIOBOM KPUTEPUI pa3pylIeHUd, HOCJICIHAN TAKXKe MOKa3aJl IKBUBAJCHTHOCTD
obonx moaxo08 [4]. [Ipn 3TOM HCTIOMB30BAIOCH H3BECTHOE PEIIECHUE 3aJIa9d O
HATPSI>KEHHOM COCTOSTHUM OECKOHETHOMN TJIACTUHBI C 3JIIUITUYECKUM BBIPE30M,
BIIEPBbIE 1OJyueHHoe poccuiickum ydenbim Kosocoseim B.I. B 1909 romy [5].
st onpejesnerus napaMerpoB paspyliueHusi VIpBuHOM BBeJieHa HOBasl Xapak-
TEpUCTUKA MaTepraJia - KOIMMUITMEHT WHTEHCUBHOCTH Halpsi>keHuit. Ousnde-
CKOE 3HaUYeHUe MapamMeTpa 1MojpooHo n3yueHo VIpBUHOM U MOJIOKEHO B OCHOBY
ero reopuu TperuH [4].

B ciayuae orcyrcrBusi undopmannn o Ko3hpuimeHTe nHTeHCUBHOCTH JIJIs

TPEIINHBI, JIJIST ONpPeJIe/IeHNs] 30H pa3pylieHuit MoXKeT ObITh WCITOJIb30BaH KPH-
repuit Kynona-Mopa [2], koTopblii ¢Bsi3bIBa€T KOMIIOHEHTHI TEH30PA HAIPsIZKe-
HUT.
[Tpn m3yvueHnn ruIpaBJIndeckoro pa3pbiBa MIacTa HEOOXOANMO YINTHIBATH OT-
TOK YaCTHU YKUJIKOCTU 4Yepe3 MOBEPXHOCTh TPEIWHBI B TOPHBIE MOPOJibl B ¢BOIO
odepesib, BOSHUKAOIINE (DUILTPAIMOHHBIE TOTOKHU B TIOPOJE TOPOXK IAI0T MACCO-
Bbl€ UCTOYHUKHU, IPUBOJIAIINE K H3MEHEHUIO MOJIeil HallpsizKeHuit BOJIN3U Tpeniu-
HbIl. ['pajinenThl 1aBjIeHnst TPOTUBOHATTPABICHBI (DUIHLTPAIIMOHHBIM CKOPOCTSIM,
M03TOMY y4YeT (DUJIbTPAIMOHHBIX yTeYeK MPUBOJUT K YMEHBIIEHUIO PaCKPbI-
tusi rpetun 6], st onucanus HanpsikeHHO J1eDOPMUPOBAHHOIO COCTOSIHUSI
TOPHOIl TIOpPOJIbI B JIaHHOM paboTe UCIOJIL3YeTCsd CUCTeMa ypaBHeHHi Buo [7]
Mojiens Buo nosposisieT paccMaTpuBaTh COBMECTHO 334U (DUIIBTPAITUU U T10-
POYIIPYTOCTH.

§1. OOmme npejcraBjeHNd TEOPUN TPEIIUH

Hanee paccMoTpuM ypaBHEHWs TEOPUU YIPYTOCTH B TTPEITTOIOKEHUH OTCYT-
CTBUsI MACCOBBIX MCTOYHUKOB. Torma, perienre 3a1a9d TeOPUU YIIPYTOCTH MO-
YKeT ObITH TTPEJICTaBJIEHO Yepe3 OJHY BCIOMOTATEIbHYIO (DYHKIINIO - (DYHKITHIO
dpu.

B ciyuae mjiockoit jiepopmalium ypaBHEHUsT PABHOBECUS] UMEIOT BUJL:

_&jm _ Joyy Doy, _80$y

or Oy Oy = Oz (1)




)
TOF,[L&, JIETKO BUJIETH, 9TO JIJIAd BBIIIOJIHEHUA PABEHCTB JJOJI2KHBI CYIIECTBOBATDH

byukmun A(z,y), Bz, y):

( 0A
Opy = ——
0B
04 " op
\ Omy N 837 B 83:
Orcroma caemnyer cymecrBoBanune dyukiun U(x,y): A = g—U u B = g—U
x Y

[TosicraBiisist BhIpaxkeHust B ypaBHeHUe (2, TOJyIUM BbIPaXKeHWe JIJIs OTpeiesie-
Hust Hapsikenuit depe3 dyukiwio Uz, y), HazbiBaeMoit dyHkiueii Dpu.

g MaTepuasioB MOJTUUHAIONINXCA 3aKOHY ['yKa, MOXKHO TOJIYIUTH OUTap-
MOHUYECKOE YpaBHEHUE Ha, (PYHKINIO DPU BUJIA:

AAU = 0 (3)

HawuboJiee ob1uM MeTo/I0M periieHust 3ajiad TeOPUr yIpPyrocTu siBJASIeTCs Uc-
OJIb30BAHUE allllapaTa KOMILIEKCHOIO aHaju3a. BBejieM KOMILIEKCHBIE Tepe-
MEHHBIE 2 = X + 1Y, Z = & — 1y. B 3T0M ciiydae OUrapMoHUYIECKOe YpaBHEHHUE
TPUMET B

2
AAU = 168—U_ (4)
022072
Ob1ree perierne OUTapMOHUYECKOTO YPABHEHWST B KOMILJIEKCHBIX TTEPEMEHHBIX
3aJjiaeTcst (popmyJIoit:

U(z) = 2¢(2) + z¢(2) + x(2) + x(2) (5)

Hannoe perierue Briepsbie rnojydeno B 1927 rojay ['ypca, u Hocur ero nwms,
3iech ¢(2), X(z) - HensBecTHbIE QYHKIMU KOMIIEKCHOIO IEPEMEHHOTO.

Taknm 0OpasoM 3aj1ada HAXOXKIECHWST HATTPSIKEHWH B YIIPYTOM TeJie CBestach
K Haxoxienno dbynkunit ¢(z), x(2):

0= 3{-26'(2) ~ 26 +2[6 () + (3] — X' (2) - V)
o =5156'() + 25 +2[6(2) + TR +X D+ XY@} (0)
0oy = —5{20"(2) = 26"(5) + X(2) = X' (2))

s permenus 3aja9 TeOpUN TPEITUH WHTEPECHO PACCMOTPETh 3aJady pac-

~—

TSI>KEHUsT KPYTOBOI'O BhIPE3a B HEOI'PAHMYEHHOI TIJIOCKOCTH. B ciiydae BcecTo-
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POHHEIr'0 PACTSI>KEeHUsI HAIIPsKEHUsiMU Fy perieHue 3a/1aqu B HOJIsIDHBIX KOOP-

JUHaTaxX UMeeT BU/I:
( 2

a
0 =F[1-—
pp P;
a 7
L O'pQZO

[annoe perenne mojiaeTcs 000DIIEHUIO Ha CIyYail JIUITUIECKOTO U ITPSIMO-
JIMHETHOT'O BbIpe3a BbIOOPOM COOTBETCTBYIOMIEr0 oTobpazkenust. [eiicTBuresib-
HO, paccMoTpuM GYHKIHIO 2K yKOBCKOIO:

c=R{c+2), R>0, 0<m<1 (8)

t Okpyxnuoctn |g| = 1 coorBercTBy-
P, e eT JIUIC C EeHTPOM B Hadaje KoOp-
\\/” 7 JauHar U noayocsamu a = R(1 4+ m),
/ \ b= R(1—m). Ilogobpas coorBeTcTBy-

i \ FOTIIE MOYKHO TIOJIY YU Th JIIOOOH 3JIHIIC,
__:' ' __ B IpejgesbHOM ciaydae R mwm m = 1

! SJIAIIC OOpAaIlaeTcss B JIBYCTOPOHHMIA
\ / OTPE30K, 3aKJIIOYCHHbIT MEXKy TOUKAa-

\ /I\Po vu 2R, [IpuMenus cooTBeTCTRYIONICE
/ R prat obpaTHOE 0TOOpaAXKEHNE MOXKHO CBECTH
“'I"/ 3aJla4y C JUIMINTUYECKUM BBIPE30M K

3ajiaue 0 Kpyre, MoApoOHO JaHHble BO-
Puc. 1: Passurue Tpemtumnr IPOCHI U3YUEHBI, HAIPUMED, B paboTax
8], [16].

[Ipn TeopernueckoM anaanse mpobJeM MPOYHOCTH W Pa3pyNIeHust, aBTOPbI
pabor [4], [3] ocHoBbIBalOTCS HA yHUBEPCAJIBHBIX yPABHEHUSIX TEPMOJIMHAMUKH.
BaKOH COXPAHEHUSI SHEPIUM JIJIs Tejla B KOHEUHBLIX Pa3MEPOB B OOIIEM CJIyuae
MMEET BUJI;:

dE + dU = dA + dQ + dQ* 9)

3umech E- kunernueckasi sueprusi, U - nosiHasi BHyTpeHHss1 dHeprus, dA -
pabora BHeIHUX cuii, d() - BHemHUE npuTok remia, dQ* - ,0co0blii" HPUTOK
SHEPTUN, 0DYCJIOBJIEHHBI, HAPUMED, XUMUIECKUMN peakiusmu. [Iis pa3su-
BalOIIeiics TPEInHbl B 3aK0H coxpanenns (9) veobxognmo g06aBuTh wien dA*
- HEPIUsi B OCOOBIX TOYKAX, BOZHUKAIOIIAS 34 CUET JBUXKCHUSI KPAEB TPEIIUHD.

HaJjiee, B IpeNIOJIOXKEHNH XPYIKOIO U KBa3UXPYIIKOI'O Pa3pyLIIeHNs, MOXKHO
CInTATh, 9TO BeJnunibl dFE, dQ), dA e n3MeHsIoTCst, 3aKOH COXPaHeHnsT TTPUMET



BUJI:

dU = dA* + dQ* (10)

Queprust dA* ocBobOXK aemast Tpn 00pPa30BAHNK HOBOW MOBEPXHOCTH TPEITUHEI,
paBHOi paboTe MO 3aKPHITHIO ITOH MTOBEPXHOCTH ONPEJIEISIETCS PABEHCTBOM:

\\/ds
/,—/\’

Puc. 2: VIamenenne miIoma g TPEITAHEBL

172
JAr — 2(1 aEsz ds (1)

Buech K - KO3 PUIMEHT MHTEHCUBHO-
¢t Hanpsikeuuit, o, E - koahdnim-
eatnl [lyaccona n FOura, coorsercreenno. Benmnanna d.S namenenue rmroriam
Tpetunbl (puc.2).

PaBHOBecHas TpeIiuHa OTJINYIACTC OT TPOU3BOJIBHON MOBEPXHOCTH HOPMaJTh-
HOT'O Pa3phiBa TEM, YTO OCBODOJIMBINASICS SHEPTHST 0OPAIIAETCS B HOJIb, OTCIOJIA:

~

K =0 (12)
Torma, cripaBeIMBHI YTBEPHKJICHUS:

1. Pactaruparoriue HaIpsKeHUsT Ha KOHTYPE TPEIUHBI KOHETHO

2. IIporuBonosoxkubie Oepera TPeIuHbl [JIABHO CMbIKAIOTCsS HA €€ KOHTYpe

YrBepxkjenust 1 ¢usndeckre cooOparkeHust, MPUBOJISIINE K TaKUM BbIBO-
JlaM, paccMorpenbl B pabore [14], jokazaresberBo hakTa HPUBEJEHO B CTAThe
[13]. @opmysa (2) B wacTHOM caydae miockoii gedopmanun 6e3 yuera ycaoBus
KOHEWHOCTH HAnpsikennii ykasane B pabore |4]. Yenosne K = 0 nospossier
chopMyJIMpPOBaTH 3aJlady O PABHOBECHBIX TPelMHax. B miockoi moctaHoBKe,
o0I1as 3aja4ua TeOPUH TPEIUH JIJId eIMHUIHON TPEIUHbI, MOXKeT ObITh chop-
MyJIMpOBaHa Caeaytormmm obpasom. s qannoro pacipenenennst HampsKeHnit
W CUJI JICHCTBYIONINX Ha TPEIIHY, HeoOXOMMO HAiTH HalNpsiKeHns, gedopma-
[ U KOOPJIMHATHI YJIOBJIETBOPSIONINE YPABHEHUSIM PABHOBECHSI U TPAHUYHbBIM
YCJIOBHSM.

AO Kaxk ormedasioch BbITIe, JIJIsT €IHIT-

{\ HOI TpelmHbl 110400paB COOTBETCTBY-

o1ee oTobparkeHue, 3a,71a9y MOXKHO CBe-

\_// cti K 3ajade o kpyre. OHaKo, ypan-

HEHU:A PaBHOBECUA N 'PaHNUYIHBIE YCJIO-

Puc. 3: Ocobasg 3ona BUS HE OlLPEeJesdoT JUIMHY TPeliuHbl
[16]. B npennosioxkeHun, 9TO KOHIILI TPEIIMHBLI CBOOOJHLI OT HAIpPSI?KEHUIA, B
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CJIy4ae HOPMaJIbHBIX PACTTUBAIOIIMX CUJI, HAIIPSKEHIS BOJU3M TPEIIUHbI CBSI-
3aHBI C VJIMHEHHEM TPENuHbl dl BhIpaykeHneM:
Tpn = Rova + O(1) (13)
V2dl

Orcroyia cieiyer, 9To mpw JIF0Ooi JIJIMHE TPEINHBI @ HATIPSI>KEeHUsT B KOHIIE Tpe-
IWHBI He Oy1eT KOHETHBIMU W PABHOBECHOW TPEIMHBI He cyInecTByeT. Jlanubrit
bakT cBsI3aH ¢ T€M, 9TO KJACCHIECKasi MOJIEIb HE YIUTHIBACT CUJIbl CLEIICHWS
Ha KOHIIAX TPEIINH, T.e. MOJIeJIh He MOJHOCTBIO OMUCHIBAET HATPY3KH, AeHCTBY-
fore Ha Tpemuny. CrenoBaTenhHo, It TOCTPOEHNsT aJeKBATHON TEOPHUN KBa-
3UXPYIKOTO PA3BUTHUST TPEITUH HEOOXOIUMO MO JIOTIOJHATH HEKOTOPHIMU
JlonyiieHusiMa. VI3BecTHO, 9TO MHTEHCHBHOCTH CHJI CLEIICHWs JIefCcTBYOIast
MEYKJY TeJaM¥W 3aBUCUT OT paccTostiust Mexkay nnvn. C yBeandennem pac-
CTOSTHUST JI0 HEKOTOPOil BEJWINHBI WHTEHCWBHOCTH BO3PACTAET, 3aTeM OBICTPO
yobiBaer [16]. Takum o6pasom y TpeluHbl BOSHUKAET HEKOTOpasi 30Ha da B
KOTOPOil CUJTBI CICTICHUST 3HAUATETbHBI (pHC.3).

Ousnaecknit aHaan3 PasBUTHsT TPEIIWH MPHUBOAUT K OCHOBHBIM THUIIOTE3aM
Pa3BUTHST TPEIWH:

1. Iupuna KoHIEBOH YacTu da MaJia CPaBHUTEBHO C JITUHHOW TPEIUHBI @

2. HauanpbHoe cedenmne moBepxXHOCTH TPENIMHBLI HE 3aBUCUT OT JACHCTBYIOMNX
HaArpy30K I JaHHOTO MaTepuaJa, MPU JaHHbIX YCJIOBUIX BCETIa OINHAa-
KOBBI

[Toapo6bno dbusnyeckue NpejinooyKeHust MPUBOASAINIME K BBINICCKA3AHHBIM
PUIIOTE3aM [OJIyYeHbl U paccmorperbl B paborax [14], [15]. [Ipu npunsiteix
IIPEJIIOIOKEHUAX eJUHCTBEHHON XapaKTepUCTUKON CHJI CICIICHUS SIBJISIeTCS
KOHCTaHTa CICIJICHNUS, ONpejeiseMast BhPaKeHneM:

_ [G©)
vda/\/gdé“ (14)

G(&) - pacnpesiesienust cuil crienjienusi BOmM3u KOHIOB Tiesn. B pabore [4] T.
M pBuHoMm ObLI NPEJIOXKEH YHUBEPCAIbHBIH KPUTEPHUil Pa3pyIIeHusi, TECHO CBsi-
3aHHbIHA ¢ ujpeamu I'puddurca, KOTopblil cBsA3bIBACT KOIDMUITMEHTHI MHTEHCHB-
HOCTY HAIPSI>KEeHUI U KOHCTAHTY MaTepuaa .

E~y

k%+k%[:—1_0_2

(15)

I'ne E w o moxyns FOura u [lyaccona coorBercrBenno. Ilpn moctuxennn pa-
BeHeTBa (15) OCyHIeCTBIISIETCsI KDUTHUECKOE YCJIOBUE JIJIsi BHELIHUX HAIPY30K U
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TPEIIMHA MOXKET IBOJIOIUOHUPOBATEL. B 00IIeM ciiydae PaBeHCTBO OIIPeIesisieT
PACIIOJIOXKEHNE U TeOMeTPUUYECKUEe XapaKTEePUCTUKHU TpeluHbl. PaBencrsa, mo-
Jaydennbie IpBUHOM B T€OPUN TPEIINH, SIBISIIOTCST OCHOBHBIMU COOTHOTIIEHUSIMHU,
JI00ABOYHBIMI K YPABHEHUSIM TEOPUU YIPYTOCTH.

Boo0bi1ie roBops, paspyliienne MaTepruaJjioB OoJiee CJIOXKHag U 00Iast 3a1a4a,
M BBISIBJICHNE JIOKAJILHBIX 30H BLITTOJHEHNsT KpuTepust psuna B 0011eM He ra-
paHTUpYyeT NpejcKazanns cieHapust paspyiiennsi. OHako, B OOJBIIIOM YUCTIE
HPAKTUIECKN BaXKHBIX CJIyUaeB Pa3pyIIeHUe MPOUCXOJAT KBASUXPYIKUM 00-
pasoM, T.e. IJIACTUYECKas 30HA MMeeT MaJible pasMepbl U COCPEeI0TaunBaeTCs
BOJIN3K KOHIIOB TPEIIWHBI. DTa BO3MOXKHOCTH MO3BOJISET MPUMEHSITH ONKUCAH-
HYI0 METOJIMKY JIJIsi PACCMOTPEHUSI U U3yUYeHUs [IPOIECCOB PA3BUTHS TPEIINH.

st u3ydenusi ocobeHHocTell perenns: BOJIU3KM KOHIOB IEJIU, PACCMOTPUM
YIPYTYI0 HEOTPAHWUEHHYIO TIIOCKYIO TIACTUHY, OCJA0JEHHYIO TPAMOJIUHERHOM
mesbio |z] < a. [oj mesnbio moHnMaeTcst SJTHIITHIeCKast TPEIuHA, UMEOIast
OJIVH HYJIEBO# paJjinyc. YHpyras cpejia 3aJaeTcs CTaHIapTHOW CUCTeMONR ypaB-
HEHUl TeOPUU YIPYTOCTH:

( 8 ..
Oij —0
axj
< Oijj = 2ueij — )\6(52 (16)
o = L (Oui  Ouj
L Yo 2 (‘3xj 6$Z

rae p, A - koaddummentsr Jlams, 0;- cumBoa Kponekepa, u; - nepemenienus.
DBOJIONHUST TPENTUHBI (IEJIN) MOXKET Pa3BUBAThLCs 110 TpeM ciieHapusiM [7]. Tlpu
HOPMAaJILHBIX HAMPSI>KEHNAX TTPUIIOYKEHHBIX K Oeperam Iejin BO3HUKAET TPeIn-
Ha TUIIA ,.pa3PbIB™, €CJIM CUJIbI ITPUJIOKEHBI 110 KacaTeJbHO! K OeperaMm Tperu-
HbI, TO 00pa3yercst TPELMHa BTOPOIro Tulla - K'¢apur®. B TpexmepHoMm ciiydae
OCYIIECTRJISIETCST TPEThsl BO3MOXKHOCThH TpEIINHA THIa ,cpe3”, B 3TOM CJIydae
nepeMeIreHnsi CoBIaIal0T C MJI0CKOCTHIO TPEIINHBI U TEePIEeHUKYISTPHbBI M1JI0C-
koctu XY (pucd). st Hac HauOOJIBIINE UHTEPEC TIPEJCTAB/ISAIOT TPEIIUHbI

y y y
. T 1 . ————_— 4 O O ——
' L L X | = X D o X
a b C

Puc. 4: Tunsl pacTpeckuBaHusi: a) pasphiB b) ¢apur c) cpes

1epBoro u BToporo tuia. Paccmorpum 3ajady.



10

K Geperam miesn, na orpeske [—b,b|,|b| < |a| npunoxena narpyska G(z),
Ha GECKOHETHOCTH - TpeboBaHme OTCyTCTBUs Hampsikenuit (puc.5), [lepexoms

J

K MOJIFAPpHBIM KOOpPJWHaTaM 7"€Z¢ MO>KHO TOJIYIUTH aCUMIITOTHYECKOE DPEIIEHne

BOJIM3M Kpaes 1esn|8].

- YA \\/G(X)
b b
i —>
a a X

Puc. 5: Cumverpuunasa narpy3ka G(x) mo Gepery miesn a Ha ydacTke b

Ecsin narpyska na 6epera TpeliHbl HOPMAJIbHAS, T.€. Oy = G(2) 1 0yylp = 0

I[moJiy4daeM permeHune:

\

¢
6082 (1 — singsin%)

CcOS—
2 P 3¢> (17)
Ouy = K 1+ sin—sin—
W R ( 272
COS—
3
Ory = ki1 2 SIN—CoS—

V2TR 2 2

B ciyuae ecim narpysku mo 6eperam pasioMa KacaTesbHbie 0.,y = G(x) n

oyyly = 0), permterne npunrMaer BUL:

"

¢

COS—

Oy = k:H\/% (2 + cos%cos%)
s

CcOS—
2 . 3¢
$IN—CcO0S—CcoS—

k
Iﬂ/—zgg 2799
COS—
2 1—sin?sz’n%
2 2
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3 acumnrorudeckoro perenusi (17),(18) jist HanpsikeHuii BOJIM3M KOHIOB
ITeJIM, BHUJIHO, UTO HAIpPSXKEHUs MPSIMO IPOMNOPIUOHAJLHO KO3 duimenTy k;
1 00paTHO TIPONOPIMOHAJILHO KOPHIO OT paccTosiHusi. MoXXKHO mokazaTh, 4To
pereHus Jjist OrPaHnIeHHON IIACTHHBI UMEET TOT Ke BUI. 3J1eCh k; - Koaddu-
IIUEHT UHTEHCUBHOCTH HAIPSIPKEHUI, COOTBETCTBYIOIIUI TUITY TPEIINHEI.

b= [ G0/ (19

|

Puc. 6: Pacupenenenne HanpskeHnil 0., BOIU3KM KOHIA IIEIN

Dopwmyabr (17),(18) nmetoT orpanrdeHHyo 30Hy npuMennMocTr (pnc.6), n3
pereHust BUJIHO, 9TO IIPU CTPEMJICHUHU 7 K HYJIIO HAIIPSI)KEHUST CTPEMSITCST K Oec-
KOHEYHOCTH, 3TOT (PaKT €CTh CJCACTBUE JIMHEAPU3AIUMN U UCIIOJIb30BAHUS 3aKO-
ra ['yka, KOTophIii HecripaBe/InB B OKpecTHOCTH 1mesn. M3sectro, 3akon ['yka
He BepeH Npu OOJIBINNX BHYTPEHHUX HAIPSIKEHUSIX, B HAIIEM CJIydae, BOZHUKA-
Io1MX BOJIM3M KOHIIOB 11e/in. Ha joctarouno 00JIbIINX PacCTOSHUX 7 (DOPMYJIa
TaK»Ke HeJIOCTATOTHO TOUHA, JJIsI IOJyUeHus: O0Jiee TOUHOIO PEIIeHus CJIe/lyeT
MCTIOJIHL30BATH UJIEHBI BBICITNAX TIOPSIJIKOB TIO 7°:

1 1
0i; = Ci(a)(r) 2 fri; + Ca(a) (1) foj + Ca(a)(r)2 fa (20)
1

Yenosue Cy(a)(r) 2 fi,; >> Co(a)(r)’ fo ;4 onpesensier 301y NpUMEHHMO-
CTH acHMITOTHYecKuX perennii Buga (17),(18).

Kax orMeuasioch, pu UCCIe0BAHUN PA3BUTUS TPEIIUH HEODXOUMO YIUThI-
BaTh 30HY JEHCTBUsSI CUJ clielieHus. BOIM3M KOHIIOB TPeIuHbl Oepera OJIM3KO
MOJIXOJSIT JIPYT K JAPYTY W CHJIBI CIETJIEHUsT WMEIOT 3HAUYNTEIHLHYI0 WHTEHCHB-
HOCTB. B cilyuae KBasuXpynkoro paspyiienus TPaHuIly JIeiCTBUAsT CHAJI CIIeIie-
HUSE MOXKHO OTOXKJIECTBJISITH ¢ 30HO# miactuunocru [16]. [lpunumas Bo BHuMa-
HUE TUTIOTE3Y O MAJOCTH 30HBI OOJILINTON WHTEHCUBHOCTH CUJI CIETIICHUsT 3]-

d)eKTaMI/I INJIaCTUNYHOCTHU MOXKHO 1’[1)6H66I)e‘{bj COOTBETCTBEHHO IIPEJICTaBJICHHBIE
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hopMyJIbI OCTATOUHO KOPPEKTHO ONUCHIBAIOT OJIsT HANPSKEHUN n jiedopma-
IAA.

B obrmem citydae TperuHbl MOTYT ObITH KPUBOJWHEHHBIMA. B cirydae miioc-
KOit jiebopMaIii MOXKHO TIOKa3aTh, 9TO B JIOKAJBHON CHCTEME KOODJAUHAT T, ¢
acuMmirornueckue pemenust suja (17),(18) coxpanstior cBoit Buji. Takxke, He0O-
XOJIMMO OTMETHUTH, UTO B 00IIEM ciydae Kod(pMUINEHTH WHTEHCUBHOCTH K7,
krr 3aBUCAT OT pacrpe/iesieHus BHEITHUX HArpy30K, TeOMETPUIECKIX PAa3MEPOR
TPEIUH ¥ 3aKOHOB IPUTOKA, TEILIA.

§2. Kpwnrepuii Kymona-Mopa

Kak ormeuaJsioch Bbilie, KO3M@MUITUEHTH UHTEHCUBHOCTU HAIPsSI>KEHU 3aBUCAT
OT T'€OMETPUUYECKUX PA3MEPOB TPEIIUH, PUJIOKEHHBIX HAI'PY30K U MACCOBbIX
UCTOYHUKOB. B reoMeTpuiecKu CJIOXKHBIX 00JACTIX, ¢ HEOJHOPOTHBIME KOI(]-
gunrenTamMu, ¢ CHJIBHBIM BJIWSIHUEM TPaHWIL Ha PeEIeHne, olpejiesieHne Koad-
(bunMeHTOB MHTEHCUBHOCTH HAIIPSXKEHU I HEBBITIOJIHUMAS 3aj/ilada. B HeKOTOpbIX
cydasix uHMOpMalKs O pa3Mepax U TUIIAX TPELIUH MOXKeT OblITh CUJILHO UCKa-
YKEeHa, UTO sIBJISIETCsT OOBITHBIM JIJIst Teopus3nkn. B aTom ciaydae oOIenpuHsaTHIM
METOJIOM OTIPEJIeJIEHUsI 30H Pa3pylieHus sipJsiercs kpurepuit Kynona-Mopa, ko-
TOPBI 110 UBBECTHBIM T0JISIM HAIIPSXKEHUI OIPeJIesIsieT COCTOsHUE TTPEIeJbHOIO

PaABHOBECHSI:
o =k |0nn| (21)

3/1eCh Opyp, Orp - HOPMAJBHOE U KacaTeJbHOE HalpsKenue, k - Koahuiment
TPEHUsI OLIPEJIEJISIeMbl IKCIIEPUMEHTAJIbHO. B cutyuae |00, < ko] cpega cuu-
TaeTcst HeripephiBHOit. [Ipn HapyIiennn 3akoHa Mopojia paspyniaercs.

§3. Pas3BuTue TpemnuH B IIOPOYyHOpPYTIoii cpeje

Jluist u3ydenust pasBuTUs U BOJIOLUKU TPELIMH B HOPOYIPYIOi Cpeje uCLo/Ib-
3YIOTCS KJIACCHIECKNE YpaBHEHHsT TTOPOYPYTrOCTH, MOJyvYeHHbie B pabore [7]:

af —
ot T (W> ¥ -
87'13- ( )
=0
8Zj

2

S
3mech f=¢e + ————
peco f KK,
Hble MOJLyJIH JilepOPMUPOBaHUst, § - KO3(DMUIMEHT PLIXJIOCTUA HOPOJbL, €;j - TeH-
30p jgedopmannit. W -ckopocTh (pnabTpannm, mogannsoliascs 3akony Japen

D, Tij = 2pe;; + Aedi; — <poiy, Ky, Ky - npenax-
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k

W = ——grad(p), k, 7 1pOHUIAEMOCTH TIOPOJIbI U BA3KOCTH (DUIBTPYIONIEHCsT
KUJIKOCTH COOTBETCTBEHHO.
PaccMoTpuM TOpHUCTYIO CPey ¢ eMHUIHON TPEIuHOi. 3aa49a paccMaTpu-
BAETCS B CTAMOHAPHOM npubsvxkennn. [IpuseseM cucremy K Buy:
div (—grad (p)) =0
67’2']' —0
Gasj

(23)

[TycTh B Tperumuy 3aKaunBaeTcsl >KUJIKOCTh 00beMa (), KoTopasi paBHOMEDPHO

pacupejesisiercst Ha yuacrke [—b, b] rpemunbt [—a, a]. Torja na yuacrke rpeniu-

Q

Puc. 7: Pacupenenenne nHanpskennil o, BOIU3KM KOHIA IIEIN

dp . o\ N
HbI [—b, b] MOJIyYInM rpaHWIHOE yCIOBHE o == q(x) = op @ ocTapmefica
n
dp
JaCTH TPEHMHBI TOJ0KUM — = (.
n

st 3aiaan ruIpaBaIndeckoro pa3phiBa, BHITIEYKA3aHHbIE TPAHWTHRIE YCIIO-
BUsi BIIOJTHE ecTecTBeHHbl. (OCHOBHAsS SHEPTWsT paspbiBa MPUXOINTCS Ha OT'pa-
HUYCHHYO TPU3ab0fHYI0 30HY, 1 MOXKHO HMPEJIOJOKNAThH, 9TO OCHOBHAs MaCCa
YKUJIKOCTH OTUIBTPOBBIBACTCS B TOPHBIE MTOPOJBLI B 30HE 3a004. B ocrasimeiics
30HE JIBVYKEHNE YKWJIKOCTU TPENMYIIECTBEHHO OCYIIECTRIISIETCS BIOIh TPEIn-
HbI.

Paccmorpum cranmonaproe ypasuenue Ilyaccona. Ilycers f(2) = u(z) +
iv(2) KOMTIJIEKCHBIT TIOTEHIAJT OTTHCHIBAOIIN PACTIPOCTPAHEHTE JTABJICHNST BHE
Tpelmunbl, 2 = x + 1y. Takum oOpa3om 3ajiada CBeJACh K PEIICHUIO 3a/a49u
HeiimMana- HAXOXKJIEHUIO MFADMOHUYECKON BO BHEIIHOCTH OoTpe3ka [—b, b] dbyHk-

ou

U0 u(z) ¢ TPAHUYHBIM YCJIOBUEM o q*. st perienus: 3aJia9u BOCIOJb-
n

3yeMcst KOHGOPMHBIM 0TOOPaKeHUeM BHEIHOCTH OTpe3ka [-b,b| Ha BHemHOCTH
eJIMHIIHOrO Kpyra. Bocnonb3yemces ynkimeit 2KyKoBCKOTO:

b
w=E&+1n, =3 f—l—% (24)
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TOrJIA I'PAHUYHbIE YCJI0BUst Ipeobpasytores K Buty [10]:

ou Ou|dz vy
8_p ~anldo! T —q"bsin (¢) (25)
vie p = €], @ = arg€. B cuny ycaosuit Komn-Pumana na okpyxuocru p = 1
IOJIy JaeM:
ov  Ou
95 = 97 q"bsin(¢) (26)

BocnosibzoBasinch obparnoit ¢gpynkimein 2KyKoBCKOro, 1moJiyduMm 1npejcraniie-
HIe KOMIIJIEKCHOTO TTOTEHI[NAIA B TIJIOCKOCTH Z:

f(z) =1iq" {z— \/22—62} (27)

Bhiesisi MHUMYIO W JICHCTBUTEILHYIO YaCTh, MOJYYUM DEIIeHne 3aadd Ha
*
plr =q" Vb —2? (28)

YA p(x)
v

beperax TpEHIMUHbI:

Puc. 8: Pacnpenenenne gaBienust Ha Oeperax TPeIuHbI

Bepuemesi k ypasuenusiv nopoyupyrocru (22). Tak kak B Halllem ¢jiydae Mbl
MMeeM JIeJI0 C YCTaHOBUBIIEHCsT (puyibTpariueit, To HAPs»KeHHOo J1epOpMUPOBaH-
HOE COCTOSIHME HE 3aBUCHUT OT MACCOBBIX UCTOYHUKORB TTOPOXKAEMbIX (PUJIbTPA-
IMOHHBIMU 11porieccamu. JlelicTBuTe/IbHO, ypaBHEHUs] HOPOYIPYIOCTU B 3TOM
cJiydae MOXKHO NIPUBECTU K BUJTY:

80’1']' . _ng
aﬂfj K aSUj
Oij = Tij + §p(5ij = 2,ueij + )\eéz-j

ayylr = p(2)(1 +)

(29)

Sp

YYauThiBast T0 00CTOSTENIHCTBO, UTO 7. = 0 mosyunm ycJIOBWE HE3aBUCUMO-
aj.
J

CTW HATPSIP)KEHNT OT yCTaHOBUBITIErocst moJst ganiaenns. ClegoBaTennbHo, perre-
HUE TOPOYTIPYTo#i 3a1a4n BOJIM3U KOHIIOB TPEIIWHBI OTTMCHIBAETCS YPABHEHUSMI
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(17):

0035 3
Ope = kj—=( 1 — sin=sin—
L orR f 27772

coS—
3
Oyy = k1 2 1+ sm?sm—gb

V2T R 5 2 2
0035 Qb 3¢

SIN—COS—

b "VorR 2 2
= [ o[ a= L e [
\ —b -b

Oy = K

Jra a—§7°  \/ra §

Boipaxkenue Jijisi onpejeneHnsi Ko uireHTa HHTeHCUBHOCTHA HAIIPSXKEHU B
o0I1eM caydae He MHTEIPUPYEMO B aHAJTUTUICCKUX (DYHKITUSIX.

§4. YwucaeHHBIEe 3KCIIePUMEHTbI

st n3yuenns nporneccos 06pazoBaHus TPEIUH B HOPOYIPYTOit cpejie peatnso-
BaH IPOrPaMMHBIIl KOMILJIEKC, aJlOPUTMUUYECKH OCHOBaHHBIN Ha MeTOje OLlop-
HBIX orepaTopos |9]. st BeIsSBICHWST 0COOEHHOCTEH NCTONB3YIOTCS aJIalTHBHBIE
CeTKM U CETKHU C JIOKAJIbHBIM M3MeJIbUeHUEeM.

IlepBast cepust pacueToB HOCBAIIEHA TECTUPOBAHUIO DEAJIN3OBAHHBIX IIPO-
I'PAMMHBIX CPEJICTB, a TaKKe N3YyUeHUsI BOIIPOCOB MOCBSAIIEHHBIX TPOOJIEMy YCTOl-
IUBOCTH 3BOJIIONNN TpernH. CpaBHEHNE YNCIEHHBIX PE3YIbTaTOB MTPON3BOJIUT-
Cs1 ¢ ACUMIITOTHYECKUM perierneM Bujia (18).

Bropas 4acTb Iy1aBbl HOCBsIlleHa U3YyUEHUIO TPEIIUH B IOPOYIPYTOoil cpejie.
PaccmarprBaroTes mpo0IeMbl B3aNMOAEHCTBIS OCHOBHOM TPEITHBI THIPOpa3-
PBIBA € PA3JIOMOM, TAKYKe BBISICHAIOTCS 30HBI BO3MOXKHOTO 00Pa30BaHUS TPEIH
Ha ocHOBe Kpurepusi Kysona-Mopa.

§4..1 TectoBbie NpUMeEpPHI

Baskroit mpobieMoii n3yvyennst BOSHUKHOBEHNS ¥ PA3BUTHS TPEIWH sIBJISIETCSI
3aJ1a4a OIpeJIeJICHNsT DEXKUMOB PAa3BUTHsI TPEIIUH. PasBuTue TPeIymHbl MOXKeT
IPOUCXOJUTH JIBOSIKO. BO3MOXKHA peaju3anum JJaBUHOOOPA3HOr0, YCKOPEHHOIO
MPOTIECCA PA3BUTHST TPENUHBI, TTPUBOSIIETO K HEYTPABISIEMOMY DA3pyIICHIIO
Marepuasa, Jnbo CymecTBYeT BO3MOXKHOCTh YCTOHIHBOTO MPOIEcca Pa3BUTHs
TPEIUHBI, B KOTOPOM JIJisl YBEJWIEeHUsI TPEIIUHBI HEOOXO[MMO PUKJIAIbIBAT
Oosibiine Harpysku (puc.9).
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a)

b)

Puc. 9: BapnanThl pa3BuTHsi TPEIINHBL: &) HEYCTOWUNBHIH 6) yeTORINBHIil

[Iycts HOpMAJIBHBIE HATPY3KU MPUJIOKEHBI TI0 BCEH JIJTUHE TPEIUuHbl [—a, al

¥ HE 3aBUCAT OT KOODJWMHAT: 04y = P, 0y = 0,y = 0, B 3TOM Cllyvae U3BECTHO,

4TO MPOLECC PasBUTUsl HeycToiuus [8], uro u jlemoHcrpupyer pucynok. Jleii-

CTBUTEJIBHO, B CJIydae eCJId HarPpy3Ka He 3aBUCUT OT KOopJuHarol ky = Py/ma.

[IpenennHoe ycmoBue pa3pyIieHust 3annchiBaeTCS B BUJIE:

B cuiy Bospacranust kKoddpuiinenTa WHTEHCUBHOCTH HATPSIXKEHUN, TTOJIYINM

yObIBaHME 3HAUYEHUIT HATPY30K C POCTOM JIJIMHBI TPEIIUHBI d.

0.25

0.2

0.15

0.1

0.05

----- [E--- numerical solution
—A— asymptotic

Puc. 10: Heycroituupsiii nponecc pa3Butus Tpemuibl. CpaBHEHHE YHUCJIEHHOIO U aCHMIITO-

THUYECKOI'O pelnieHud
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Korja 1m1ockocTb HaXOUTCs 1O/, JIeACTBUEM COCPEIOTOYCHHBIX PACKJIMHK-
BaIOIIUX CUJI IPUJIOXKEHHBIX K cepejinHe OeperoB TPeInHbl @, IPOIect pa3BUBa-
eTcsl yCTOWINBO 1 KOIMDPUIIMEHT UHTEHCUBHOCTU HAIPSIXKEHUI B 3TOM CJIydae

nMeeT BUJ ]{[ = —. ILHH JOCTUZKEHU A KPDUTHUYIECKOI'O SHAYCHUA HAITPAXKECHU A

N

- —A—— asymptotic
. T I =--- numerical solution
18

16

14

12

Puc. 11: Veroitausblii npomece pasputus Tpemunabl. CpaBHEHHE YHCIEHHOTO W ACHMIITOTH-
YeCKOTO PelleHns

P* Ha OGepery TpermuHbl MOJTYUUM YCJIOBHE:

(32)

BujiHO, UTO ¢ yBeJIMYeHWEM JIJTMHBI TPENMHbI 3HaAUeHNE KPUTUIECKOE 3HAUCHHUE
YCUJINsT Ha TPaHnIle YOBIBAET, PA3BUTHE TPEINHBI NMeeT HEYCTOWIMRhIH XapakK-
Tep. COOTBETCTBEHHO € CMJIy YOBIBAHUST KPUTHIECKUX HATPY30K KOI(DDUITHEHT
MHTEHCUBHOCTH JIOJIZKEH BO3PACTATH, 4TO U JEMOHCTpUpyer pucyHok (puc.11).
[TpuBenennbie Tpadukn JEMOHCTPUPYIOT XOPOTTee COBMAJIEHNE TUCIEHHOTO W
ACUMTITOTHYIECKOTO PEITIeHUST.

B obmeM ciydae, Korja HArpy3Kd HMPUJIOYKEHBI HA OIPAHUYEHHOM ydacT-
ke [—b, b] TpenuHbl [—a, a] Ko3hOUIHEHT HHTEHCUBHOCTY HAPSIKEHUI HMeeT
BU/I:

2P b
ki = —\/aarctg— (33)

ﬁ a2 — b2
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B srom citydae nporece pacipocTpaHeHusi TPEHIUHbL TP PUKCUPOBAHHBIX Ha-
rpy3kax P u 30ne [—b, b] MoxkeT OBITH yCTOHIHB.

§4..2 BsaumogeiicTBue TpeniuHbI I'1poOpa3pbiBa ¢ Pa3JIOMOM

Barknoit 3a1aueit npn mpoBeeHNN IHIPABIMIECKOr0 Pa3pbiBa, IJIacTa, siBJIsTeT-
Cs1 OIIpEJIeJIEHIE 30H Pa3pyIIeHus 1 HallpABJICHKE 9BOJIONNKA TPEIIMHBL. 3a/1a9a
0CODEHHO aKTyaJbHa B Cpeax CJIOXKHOI reoMeTpHH, COIEeP:KAIINX MacCcy Heo/l-
HOPOJHOCTEH 1 0CODEHHOCTEH, KAKOBBIMU 063 COMHEHUST SIBJISTIOTCS TPUPOIHBIE
KOJIJIEKTOPA.

st MojiesimpoBaHnsl TAKUX IMPOIECCOB PACCMATPUBACTCS YACTHAS 3a/1a49a
B3aMMOJIEHiICTBIST OCHOBHOM TPEIINHBI THIPOPA3PhIBa ¢ pa3jioMoM. Pasiom peji-
CTaBJIIeT COOO TPEIMNHY 3alOoJHEHHYI0 BBICOKOTTPOHUIAEMOi mopooi. s
OCHOBHO 110POJibl (pu3MIECKUe MMOCTOsIHHBbIE paBHbL: KAdduimenTol Jlams A =
0.42 - 10'0ITa, pu = 1.33 - 10'0I1a, koadpdurment poixaoctu ¢ = 0.6, TpoHuIa-
emocth k = 0.005 Japcn, a s pasnoma: A = 0.2 - 10°Tla, p = 0.7 - 10°I1a,
¢ =0.95, £ = 0.1 apcu. Huxxe npejicraBiena cxema B3auMOJAEHCTBUAS TPEIIIH
(puc.12). B npouecce dusibrpanuu, 4acth KUJAKOCTU M'HIPOPA3PHIBA IIPOHUKA-

D

Puc. 12: Cxema B3anmoseiictBust Tpemunbl AB ¢ paziomom C'D

er B pasysioM C'D npoBOIUpysl BLICOKHE HAIpsi>KeHUE y KOHIIOB INeJId. 3a CYeT
MTPOTEKAIOIINX MPOIECCOB (DUIIBTPAIIY U JIBUYKEHUS TTOPOJI CBI3aHHBIX C THIPO-
pa3pbhIBOM BO3HUKAET JIBMKeHne Oeperon passioma C' D, jieBblit Oeper JIBUKeTCs
BHM3, 1IPpaBblil BBEpX. TeM camMbiM Oepera JIBUXKYTCS B IIPOTUBOIIOJIOXKHbBIE CTO-
POHBI, BRI3BIBasT ¢BHTOBBIE fedopmain (prc.13). Yaurhsas Tor dakt, 9To
ITPOHUIAEMOCTH TIOPOJIbI B PA3JIOMe CYIIIECTBEHHO HUYKE, PA3JIOM HAUMHAET ,,pas-
JIyBaTbCs, T.€. ero 00beM YBEJINIUBACTCs, 9TO JIEMOHCTPUPYET PUCYHOK HUXKE
(puc.14). MaxrcumasibHble HATPSIKEHUST JIOCTUTAIOTCST BOJU3M KOHIIOB OCHOB-
Hoii Tperinl AB. Hampagsienne BO3MOXXHOTO POCTa TPEINHA ONPEJIEISTIOTCS
¢ nomorpio kpurepusi Kynona-Mopa (puc.15). U3 rpaduka BujgHO, 910 Tpe-
IIMHA JIBUXKETCsI 110 OCH OCHOBHOMI TPEIIUHbI, BOJIM3U pa3/ioMa TPEIMHA MEeHseT
HaIIPaBJICHHE W COCJIMHSICTCS C PA3JIOMOM.
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Puc. 13: Pacupenenenune cmererne BI0Ib pa3aioMa [0 BepXHEMY U HUKHEMY Oepery pasjaoMa

> 0r
© |
——— LEFT
[ | — = — - RIGHT
-0.002
= / - T T e e e e == T =~ N
0004+ 4 \
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B !
L3 7/
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0.2 0.3 0.4 0.5 0.6 0.7 0.8
I

Puc. 14: Pacnpejiesienne cMmelenne momnepek pasJjioMa 1o BepXHeMy U HUKHEMY Oepery pas-
JiomMa
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08F

02 04 06 08
Y

Pwuc. 15: Bona paspymenns no kpurepnio Kynona-Mopa

SaKJII0OUYeHne

st MosiesiupoBaHust TPEIUH B HOPOYIIPYIOi Cpejie peajn3oBaHa JIByMepHas
1 TpexXMepHas MporpaMMa pellenns ypaBHeHUi TOpOyIpPyrocT. AIropuTm oc-
HOBAH Ha METOJIe OMOPHBIX OTEePATOPOB, TTO3BOJISIIONINX MMPABUILHO ATTPOKCH-
MUPOBaTh YpPaBHEHUsI Ha CUJILHO JIepOPMUPOBAHHBIX ceTkax. [lyist Mojenupo-
BaHUs KMCIOJIB3YIOTCS aJIATUBHBIC CETKH, IO3BOJISIONIME JJ0OMBATHCS HEODXO-
JIUMO¥ TOYHOCTHU.

B nepBoit yactu paboThl MPUBEJIEHBI KJIACCUIECKNE PE3YJIhTAaThl TEOPUU TPe-
muH. PaccMoTpeHbl oJiMHOYHBIE TPEIIUHbBI B OJIHOPOHON yiupyroi cpeje. IIpo-
N3BECHO CPpaBHEHUE aCUMITOTHICCKOTO M YNCJICHHOTO PEIIeHUs, TTOJTYIEeHO XO-
poriiee COBMaJieHNe, UTO ULJIIOCTPUPYIOT TTPUBEJICHHBIE TPadpUKA.

HaJjiee paccmoTpeH ciiydail eJJMHUYHON TPEIUHbI B TOPOYIPYTroil cpeje B
cJydae yCTaHOBUBIIEHCsE (DUABTPAIUHU, [IPEJCTABICHO aCUMIITOTUIECKOE peliie-
Hue. /s MogeampoBaHusa TPENUH UCIOJIb3YeTCss MOAeIb bro.

PaccmarpuBaeTcst MOiesIh ONMKCHIBAIOIAsT TPOIECCHl THJIPABJINIECKOTO Pas-
pbiBa 1iacra. st npejckazaHusi BOSMOXKHBIX 30H Pa3pyLIEHUsT UCIIOIb3YeTCsi
kputepuii Kynona-Mopa. Ha mpumepe B3amMomeiicTBusi TPEITUHBI THAPOPA3-
phIBa C €CTECTBEHHBIM PA3JIOMOM TOKa3aHa BO3MOXKHasi 30Ha W HalPaBJIEHUE
paspynienus. [IposemoncrpupoBanbl rpaduKu CMelleHni Ha beperax pasJjoma,
JIEMOHCTPUPYIOIINE BO3SHUKHOBEHME HOPMAaJIbHBIX U KACATEJIbHBIX HAIPSIXKEHU
110 GeperaM pasJjoMma, CIIOCOOHBIE IPUBECTH K CJIBUTOBLIM M Pa3PBIBHLIM Pa3py-
IMIEHUSIM BHE 30HbBI I'UJIPABJINIECKOTI0 Pa3phiBa IJIACTA.
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